
1. ñ8 ʤʘʨʪʘò 

ɺ ʦʜʥʦʤ ʢʣʘʩʩʝ ʫʯʠʪʩʷ 16 ʜʝʚʦʯʝʢ ʠ 16 ʤʘʣʴʯʠʢʦʚ. ʂʘʞʜʳʡ ʤʘʣʴʯʠʢ ʧʦʟʚʦʥʠʣ 
ʥʝʢʦʪʦʨʳʤ ʜʝʚʦʯʢʘʤ ʠʟ ʵʪʦʛʦ ʢʣʘʩʩʘ ʠ ʧʦʟʜʨʘʚʠʣ ʩ ʧʨʘʟʜʥʠʢʦʤ (ʥʠʢʘʢʦʡ ʤʘʣʴʯʠʢ 
ʥʝ ʟʚʦʥʠʣ ʦʜʥʦʡ ʠ ʪʦʡ ʞʝ ʜʝʚʦʯʢʝ 2 ʨʘʟʘ). ʇʨʠ ʵʪʦʤ ʦʢʘʟʘʣʦʩʴ, ʯʪʦ ʤʦʞʥʦ 
ʝʜʠʥʩʪʚʝʥʥʳʤ ʦʙʨʘʟʦʤ ʩʦʩʪʘʚʠʪʴ 16 ʧʘʨ ʪʘʢ, ʯʪʦʙʳ ʚ ʢʘʞʜʦʡ ʧʘʨʝ ʙʳʣʠ ʜʝʚʦʯʢʘ ʩ 
ʤʘʣʴʯʠʢʦʤ, ʢʦʪʦʨʳʡ ʝʸ ʧʦʟʜʨʘʚʠʣ. ʂʘʢʦʝ ʥʘʠʙʦʣʴʰʝʝ ʦʙʱʝʝ ʯʠʩʣʦ ʟʚʦʥʢʦʚ ʤʦʛʣʠ 
ʧʦʣʫʯʠʪʴ ʜʝʚʦʯʢʠ ʦʪ ʤʘʣʴʯʠʢʦʚ ʚ ʵʪʦʪ ʜʝʥʴ? 

ʈʝʰʝʥʠʝ. 

ʇʫʩʪʴ (M1, D1), (M2, D2),é., (M16, D16) ʝʜʠʥʩʪʚʝʥʥʦʝ ʨʘʟʙʠʝʥʠʝ ʥʘ ʧʘʨʳ ʠʟ ʫʩʣʦʚʠʷ 
ʟʘʜʘʯʠ (ʙʫʢʚʘʤʠ Mk ʦʙʦʟʥʘʯʝʥʳ ʤʘʣʴʯʠʢʠ, ʙʫʢʚʘʤʠ Dk ï ʜʝʚʦʯʢʠ). ʇʨʝʜʧʦʣʦʞʠʤ, 
ʯʪʦ ʢʘʞʜʳʡ ʤʘʣʴʯʠʢ ʧʦʟʚʦʥʠʣ ʭʦʪʷ ʙʳ ʜʚʫʤ ʜʝʚʦʯʢʘʤ. ʅʘʨʠʩʫʝʤ ʩʪʨʝʣʢʠ ʦʪ 
ʢʘʞʜʦʡ ʜʝʚʦʯʢʠ Dk ʢ ʤʘʣʴʯʠʢʫ Mk, ʩ ʢʦʪʦʨʳʤ ʦʥʘ ʥʘʭʦʜʠʪʩʷ ʚ ʧʘʨʝ (ʩʠʥʠʝ ʩʪʨʝʣʢʠ 
ʥʘ ʨʠʩʫʥʢʝ), ʘ ʪʘʢʞʝ ʦʪ ʢʘʞʜʦʛʦ ʤʘʣʴʯʠʢʘ Mk ʢ ʝʱʸ ʦʜʥʦʡ (ʦʪʣʠʯʥʦʡ ʦʪ Dk) 
ʜʝʚʦʯʢʝ, ʢʦʪʦʨʦʡ ʟʚʦʥʠʣ ʵʪʦʪ ʤʘʣʴʯʠʢ (ʢʨʘʩʥʳʝ ʩʪʨʝʣʢʠ ʥʘ ʨʠʩʫʥʢʝ).  
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ʊʦʛʜʘ ʦʪ ʢʘʞʜʦʛʦ ʨʝʙʸʥʢʘ ʚʝʜʸʪ ʧʦ ʩʪʨʝʣʢʝ. ɽʩʣʠ ʤʳ ʙʫʜʝʤ ʜʚʠʛʘʪʴʩʷ ʧʦ ʩʪʨʝʣʢʘʤ 
(ʥʘʯʘʚ ʦʪ ʧʨʦʠʟʚʦʣʴʥʦʡ ʜʝʚʦʯʢʠ), ʪʦ ʨʘʥʦ ʠʣʠ ʧʦʟʜʥʦ ʤʳ ʧʦʧʘʜʸʤ ʢ ʜʝʚʦʯʢʝ, 
ʢʦʪʦʨʘʷ ʫʞʝ ʚʩʪʨʝʯʘʣʘʩʴ ʚ ʩʪʨʦʷʱʝʡʩʷ ʮʝʧʦʯʢʝ. ɽʩʣʠ ʤʳ ʪʝʧʝʨʴ ʚ ʧʦʩʪʨʦʝʥʥʦʤ 
ʮʠʢʣʝ ʟʘʤʝʥʠʤ ʠʩʭʦʜʥʳʝ ʧʘʨr ʧʘʨʘʤʠ, ʢʦʪʦʨʳʝ ʩʦʦʪʚʝʪʩʪʚʫʶʪ ʢʨʘʩʥʳʤ ʩʪʨʝʣʢʘʤ, 
ʪʦ ʧʦʣʫʯʠʤ ʜʨʫʛʦʝ ʨʘʟʙʠʝʥʠʝ ʥʘ ʧʘʨʳ, ʯʪʦ ʧʨʦʪʠʚʦʨʝʯʠʪ ʫʩʣʦʚʠʶ.  

ʇʦʵʪʦʤʫ ʥʘʡʜʸʪʩʷ ʤʘʣʴʯʠʢ, ʢʦʪʦʨʳʡ ʟʚʦʥʠʣ ʨʦʚʥʦ ʦʜʥʦʡ ʜʝʚʦʯʢʝ. ɽʩʣʠ ʦʪʙʨʦʩʠʪʴ 
ʵʪʫ ʧʘʨʫ, ʯʠʩʣʦ ʟʚʦʥʢʦʚ ʫʤʝʥʴʰʠʪʩʷ ʥʝ ʙʦʣʴʰʝ, ʯʝʤ ʥʘ 16 ï ʤʘʢʩʠʤʘʣʴʥʦʝ 
ʚʦʟʤʦʞʥʦʝ ʢʦʣʠʯʝʩʪʚʦ ʟʚʦʥʢʦʚ ʵʪʦʡ ʜʝʚʦʯʢʝ. ʇʦʩʣʝ ʵʪʦʛʦ ʩʥʦʚʘ ʥʘʡʜʝʪʩʷ 
ʤʘʣʴʯʠʢ, ʩʜʝʣʘʚʰʠʡ ʨʦʚʥʦ ʦʜʠʥ ʟʚʦʥʦʢ ʦʜʥʦʡ ʠʟ ʦʩʪʘʚʰʠʭʩʷ ʜʝʚʦʯʝʢ. ʆʪʙʨʦʩʠʚ 
ʵʪʫ ʧʘʨʫ, ʫʤʝʥʴʰʠʤ ʢʦʣʠʯʝʩʪʚʦ ʟʚʦʥʢʦʚ ʥʝ ʙʦʣʝʝ, ʯʝʤ ʥʘ 15, ʠ ʪ. ʜ. ʀʪʦʛʦ, ʙʳʣʦ 
ʩʜʝʣʘʥʦ ʥʝ ʙʦʣʝʝ, ʯʝʤ  16 + 15 + ... + 2 + 1 = 16*17 / 2 = 136 ʟʚʦʥʢʦʚ. 
ʈʦʚʥʦ 136 ʟʚʦʥʢʦʚ ʤʦʛʣʦ ʧʦʣʫʯʠʪʴʩʷ, ʝʩʣʠ ʢʘʞʜʦʡ ʜʝʚʦʯʢʝ Dk ʧʦʟʚʦʥʠʣʠ 
ʤʘʣʴʯʠʢʠ M1, M2, ..., Mk. 

 

 

2. ʈʘʜʠʫʩ ʠ ʭʦʨʜʘ 

OA - ʨʘʜʠʫʩ ʢʨʫʛʘ ʜʠʘʤʝʪʨʘ 15 ʩʤ ʩ ʮʝʥʪʨʦʤ O. ʍʦʨʜʘ BC ʵʪʦʛʦ ʢʨʫʛʘ ʧʘʨʘʣʣʝʣʴʥʘ 
OA ʠ ʦʪʩʝʢʘʝʪ ʦʪ ʢʨʫʛʘ ʩʝʛʤʝʥʪ ʚʳʩʦʪʳ 1 ʩʤ (ʤʝʥʴʰʘʷ ʠʟ ʜʫʛ ʩ ʢʦʥʮʘʤʠ  A ʠ B 
ʩʦʜʝʨʞʠʪ ʪʦʯʢʫ C). ʅʘ ʢʘʢʦʤ ʨʘʩʩʪʦʷʥʠʠ ʦʪ ʮʝʥʪʨʘ ʢʨʫʛʘ ʧʝʨʝʩʝʢʘʶʪʩʷ ʧʨʷʤʳʝ OB 
ʠ AC? 



ʈʝʰʝʥʠʝ. 

 

 

 

 

 

 

 

 

 

 

 

ʂʘʞʝʪʩʷ, ʯʪʦ ʧʨʷʤʳʝ OB ʠ AC ʧʘʨʘʣʣʝʣʴʥʳ. ʅʘ ʩʘʤʦʤ ʜʝʣʝ, ʜʣʠʥʘ ʭʦʨʜʳ BC 
ʯʫʪʴ-ʯʫʪʴ ʤʝʥʴʰʝ ʜʣʠʥʳ ʨʘʜʠʫʩʘ OA. ʇʦʵʪʦʤʫ ʜʘʥʥʳʝ ʧʨʷʤʳʝ ʧʝʨʝʩʝʢʘʶʪʩʷ ʚ 
ʥʝʢʦʪʦʨʦʡ ʪʦʯʢʝ X ʥʘ ʣʫʯʝ OB. ɼʘʚʘʡʪʝ ʧʦʩʯʠʪʘʝʤ. ʇʫʩʪʴ M ï ʩʝʨʝʜʠʥʘ ʭʦʨʜʳ BC. 
ʀʟ ʧʨʷʤʦʫʛʦʣʴʥʦʛʦ ʪʨʝʫʛʦʣʴʥʠʢʘ OMB ʧʦ ʪʝʦʨʝʤʝ ʇʠʬʘʛʦʨʘ 

BM = ã (15/2)Į - (13/2)Į   = ã14 ,  ʧʦʵʪʦʤʫ ɺʉ = 2 BM = 2 ã14   å 7.48 < 7.5 = OA 

ʆʙʦʟʥʘʯʠʤ ʯʝʨʝʟ ʭ ʠʩʢʦʤʦʝ ʨʘʩʩʪʦʷʥʠʝ OX. ʊʨʝʫʛʦʣʴʥʠʢʠ OXA ʠ BXC ʧʦʜʦʙʥʳ, 
ʧʦʵʪʦʤʫ ʨʘʚʥʳ ʦʪʥʦʰʝʥʠʷ ʠʭ ʩʦʦʪʚʝʪʩʪʚʫʶʱʠʭ ʩʪʦʨʦʥ:  

x/7.5 = (x-7.5)/ 2ã14   Č x = 7.5Į / (7.5 - 2ã14)  = 56.25*(7.5 + 2ã14) / 0.25 å 225*15 = 
3375 ʩʤ ʠʣʠ 33.75 ʤʝʪʨʘ ! 

ɿʘʤʝʪʠʤ, ʯʪʦ ʚ ʚʳʯʠʩʣʝʥʠʷʭ ʤʳ ʧʦʤʥʦʞʠʣʠ ʯʠʩʣʠʪʝʣʴ ʠ ʟʥʘʤʝʥʘʪʝʣʴ ʥʘ 
ʩʦʧʨʷʞʝʥʥʦʝ ʚʳʨʘʞʝʥʠʝ  7.5 + 2 ã14  ʩ ʮʝʣʴʶ ʫʤʝʥʴʰʠʪʴ ʦʰʠʙʢʫ ʦʢʨʫʛʣʝʥʠʷ.  

 

3. ʊʨʠ ʦʭʦʪʥʠʢʘ 

ʊʨʠ ʦʭʦʪʥʠʢʘ ʩʚʘʨʠʣʠ ʢʘʰʫ. ʇʝʨʚʳʡ ʜʘʣ ʜʚʝ ʢʨʫʞʢʠ ʢʨʫʧʳ, ʚʪʦʨʦʡ ï ʦʜʥʫ, ʪʨʝʪʠʡ 
ï ʥʠ ʦʜʥʦʡ, ʥʦ ʦʥ ʨʘʩʧʣʘʪʠʣʩʷ ʩʝʤʴʶ ʧʘʪʨʦʥʘʤʠ. ʂʘʢ ʜʦʣʞʥʳ ʧʦʜʝʣʠʪʴ ʧʘʪʨʦʥʳ 
ʧʝʨʚʳʝ ʜʚʘ ʦʭʦʪʥʠʢʘ, ʝʩʣʠ ʚʩʝ ʝʣʠ ʧʦʨʦʚʥʫ? 

ʈʝʰʝʥʠʝ. 

ʊʘʢ ʢʘʢ ʚʩʝʛʦ ʙʳʣʦ 3 ʢʨʫʞʢʠ ʢʨʫʧʳ ʠ ʧʨʝʜʧʦʣʘʛʘʝʪʩʷ, ʯʪʦ ʚʩʝ ʦʭʦʪʥʠʢʠ ʝʣʠ 
ʧʦʨʦʚʥʫ, ʪʦ ʥʘ ʢʘʞʜʦʛʦ ʦʭʦʪʥʠʢʘ ʧʨʠʭʦʜʠʪʩʷ ʧʦ ʦʜʥʦʡ ʢʨʫʞʢʝ ʢʨʫʧʳ. ʇʦʣʫʯʘʝʪʩʷ, 
ʯʪʦ ʚʪʦʨʦʡ ʦʭʦʪʥʠʢ ʦʜʥʫ ʠʟ ʩʚʦʠʭ ʢʨʫʞʝʢ ʢʨʫʧʳ ʦʪʜʘʝʪ ʪʨʝʪʴʝʤʫ. ɺʟʘʤʝʥ ʦʥ 
ʜʦʣʞʝʥ ʧʦʣʫʯʠʪʴ ʚʩʝ ʩʝʤ ɹʧʘʪʨʦʥʦʚ! 
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